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1p
3—2VZ=2-2V2+1=(2-1)2> |V2-1)2= |2 —-1]
3+2V2=2+2V2+1=(2+1)2> |(V2+1)2= V2 +1] 1p
Relatia din enunt se scrie:
el b e} b 1p
— = /2 adica - =2
W2—-1] |W2+1] VZ—1 2+1 1
ea(V2+1)-b(V2-1)=V2ea2+a-b/2+b—V2=0 .
V2(a—b—1)+(a+b) =0 1p
V2 este irational =*a —b—1=10
a—b=1 1p
i b=0 ::-{
siat at+hbh=20
2a=1=a=>s5ib=—-€Q
a) Transformam echivalent inegalitatea astfel:
2 _ =y =y 1p
o x,v£ 1 *‘;‘-Hy 1=xy ﬁ-ﬁyﬂ xy+1
Folosind inegalitatea m;, < m, = 3—2 = Jxy = xy +1, ultima inegalitate
fiind evidenta. 1p
- Z *
b) Din punctul a) =>x+y 1= . (*)
Dnat+b+c=1=a=1—(b+c),b=1—-(at+c),c=1—(a+b) |1p
Prelucrand fiecare termen din membru stang si tindnd cont de (*), obtinem:
1+a _ 1+1-(b+c) 2 1
bt+e b+c b+c be 1
14 ti(eta) 2 41 P
cta cta ctea cia
Tto _tMi-(ats) _ 2 4 _ 1 1P
at+h a+b athb — ab 1
Care adunate dau: P
i+a |, 14+b | 1l+c 1 1 1 a+b+c 1
bte cta at+b be i ab abe abe
Desen 1p
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MD 1 (ABC)

= = = =
ADC{ABC}} MD 1 AD =d(M,AD) = MD = 2a

a)

Analog d(M,DC) =MD = 2a
MD 1 (ABC) ]MP

DA 1 AE —= MA 1 AB =d(M,AB) = MA

DA,AB < (ABC)

n AMAD avem cu m(< MDA) = 90°

T.Pitagora
———= MA?=MD?>+ AD?* & MA® = 4a®> + 5a® = 9a’ = MA = 3a

Analog d(M,BC)=MC=3a
ABCD — patrat

= D0 1 AC
ACN DB = {a}}

MD 1 (ABC) }MP

DO 1 AC —= MO L AC = d(M,AC) = MO

DO, AC c (ABC)
n
AMDO,m(< MDO) =90° MD = 2a = M0? = MD?* + D0O*? = M0? = 4a? +14—”a2

- M0 =2

a+10
2

;D0 =-DB == =
AC © (MAC)
Do 1 AC
MO 1 AC
MO © (MAC)
DN 1 MO
in A MDO — dreptunghic

DM -DO ay/ 10 2

DN =—=12a :
MO 2 ay 26

RT3
= DN 1 (MAC)

Zam
V26

= DN =

T3p

c) D@ 1 EC =M@ 1 EC

MD 1 (ABC) }
DO,EC < (ABC)

1p

1p

1p

1p
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Calculam DQ scriind aria triunghiului DCE in doud moduri

AE||DC = d(A,DC) = d(E,DC)=AD = aV5= A, =

_ DQ-CE

DQ LCE= Apcg =—
n triunghiul ACBE

z z
B= CE? = BC?+ EB? & CE? = 542 +5%= ziﬂ

sa 1 DQ
Apeg =DQ-—5=052a-— _
Din (1) si (2) = z 2531 4 =;.5ﬂ4ﬂ=5%
dar Agg = —

Tn triunghiul £AMDQ dreptunghic in D avem

MQ?=DM? 4+ DQ? = 4a®> + 4a®> =8a> = MQ = 2v/2a

DC-h_aV5-aV5 5a® | P

=CE=2 (2)

2 2 2

dreptunghic in

1p
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